In [1] , we have analyzed the local regularity for the solutions to the Dirichlet problem
where Ω ⊂ ℝ N is an arbitrary bounded open set and the fractional Laplace operator (−∆) s is defined for s ∈ ( , ) as the singular integral where C N,s is a normalization constant. In [1, Theorem 1.4], we stated and proved the following maximal local regularity result for the weak solutions to (1): if f ∈ L p (Ω), < p < ∞, the corresponding weak solution to system (1) satisfies u ∈ W s,p loc (Ω). However, although this is true for p ≥ , when < p < the result is correct only for s = . When < p < and s ̸ = , instead, u belongs to the Besov space (B 
, let u be the unique weak solution to the fractional Poisson-type equation
has been introduced for example in [5, Chapter V, Section 3.3, formula (38)].
As a consequence, we have the following: 
As a consequence, we have the following result:
We provide below the explanation of these facts: In other words, when < p < and s ̸ = , there are functions whose fractional Laplacian belongs to L p (ℝ N ), but they do not belong to W s,p (ℝ N ). These arguments provide a proof of Theorem 1. Instead, the proof of Theorem 3 presented in [1] is correct. Indeed, it is based on a cut-off argument which is not affected by the discussion above.
During the revision process of our original manuscript, we became aware that similar results were obtained using pseudo-differential calculus (see, e.g., [3, Section 7] or [6, Chapter XI, Proposition 2.4, Theorem 2.5 and Exercise 2.1]). We already pointed out this fact in [1] , saying that, in [3, Section 7] , Grubb proved that, under the restriction s > N p , the assumption f ∈ W τ,p (Ω) for some real number τ ≥ implies that the corresponding solution u of (1) (Ω).
A more careful reading of Grubb's work and a discussion with the author made us realize that, for < p < , this result does not hold in the classical Sobolev setting, but rather in (L p τ+ s ) loc (Ω). Also, the restriction s > N p mentioned above is not necessary and this regularity is true for all < p < ∞.
Our approach complements the pseudo-differential one, using merely classical PDE techniques in the context of linear and nonlinear elliptic and parabolic equations.
In fact, our techniques and results extend to the following parabolic problem:
In particular, we have the following theorem. We refer to [2] for more details on this topic.
